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tions on the magnitudes of these effects and provide
guidance for further exploitation of the stabilization
strategies.

Entropy Restrictions on a Polymer
Let us begin with a brief introduction to polymer theory,
with a view toward later applications to protein molecules.
A polymer chain samples different configurations, thus
its end-to-end vector r is not fixed. Instead r has a broad
distribution (Figure 2A). The normalized distribution
function will be denoted as p(r). Typically p(r) only
depends on the magnitude, i.e., the end-to-end distance
r, not the direction of r. The simplest polymer chain has
a Gaussian distribution function:

pG(r) ) (3/2π〈r2〉)3/2 exp(-3r2/2〈r2〉)
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where the mean square distance is given by 〈r2〉 ) b2n,
where b is an effective bond length and n is the number
of bonds in the polymer chain.
If r is restricted to a certain region Ω (Figure 2A), then
the fraction of allowed configurations is

f)

∫Ωd3r p(r)

The folding stability of a protein is measured by the free
energy difference between the folded and unfolded states.
Most discussions of protein stability have focused on the
specific interactions (e.g., hydrogen bonding, packing, and
burial of nonpolar groups) in the folded state. However,
it is now recognized that chain entropy of a protein can
be significantly perturbed by changes in loop length1-5
and by spatial confinement and macromolecular crowding
of the protein molecule.6-10 Attention has also turned to
variations on the typical linear chain topology of proteins.
A number of proteins that fold only upon dimerization
have been studied against single-chain variants obtained
by covalently linking the monomers.11-14 Circular proteins
have been obtained by connecting the N and C termini
by peptide linkers and, indeed, have been found in
nature.15-17 Most recently catenated proteins, consisting
of two interlocked circular chains, have been discovered
and designed.18,19 The stabilization effects of loop length,
covalent linkage, circularization, catenation, confinement,
and crowding (Figure 1) are all amenable to modeling by
polymer theory.20-26 The theoretical models give indica-
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(2)

This restriction increases the free energy of the polymer
chain by

δG1 ) - kBT ln f

Introduction

(1)

(3)

where kB is the Boltzmann constant and T is the temperature. This free energy reduction is entropic in nature.27
In particular, Jacobson and Stockmayer28 modeled ring
formation by restricting r to the volume within a short
contact distance. Other ways to change the fraction of
allowed configurations include spatial confinement and
macromolecular crowding25,26 (see below).
Suppose that the vector r is restrained to a distribution
function P(r) without the polymer chain; then under the
simultaneous action of the restraint and the polymer
chain, r has a distribution function

q(r) ) N-1p(r)P(r)

(4)

where the normalization factor N is ∫d3r p(r)P(r). If the
restraint changes from Pu(r) to Pf(r), then the free energy
of the system changes by (Figure 2B)

δG2 ) - kBT ln g
g)

∫d3r p(r)Pf(r)/∫d3 r p(r)Pu(r)

(5a)
(5b)

Loop Length
Now consider a loop in the folded structure of a protein
(Figure 1A). The loop is modeled as a polymer chain in
both the folded and the unfolded states. The folded
structure restricts the end-to-end vector of the loop to
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FIGURE 2. Changes in the entropy of a polymer chain by restriction
of the end-to-end vector to a particular volume (A), by restraints
(B), and by the presence of a physical boundary (D). A specific case
of restraints (B) is shown in panel C, where a loop of a protein is
either unrestrained (in the unfolded state) or restrained by the folded
structure.
If the length of the loop is changed from l0 to l peptide
bonds, then the change in folding free energy is

∆δGloop ) -kBT[ln p(d;l) - ln p(d;l0)]
FIGURE 1. Different strategies for stabilizing proteins: change in
loop lengths (A); covalent linkage of dimeric proteins (B); backbone
cyclization (C); catenation (D); confinement (E); and crowding (F).
Loops and linkers are shown in purple or blue. The shadowed box
in panel E represents a confining cage, and black spheres in panel
F represent crowding macromolecules.
small fluctuations around a fixed displacement, d. Thus
the restraint Pf(r) in the folded state can be modeled as a
δ function:

Pf(r) ) δ( r - d)

(6a)

On the other hand, the unfolded protein chain does not
impose any restriction on r (if the excluded-volume effect
is neglected). Thus the restraint here can be written as

Pu(r) ) 1/V

(6b)

where V is the volume containing the protein molecule.
According to eq 5, the loop affects the folding free energy
by

δGloop ) -kBT ln Vp(d)
124 ACCOUNTS OF CHEMICAL RESEARCH / VOL. 37, NO. 2, 2004

(7)

(8)

where the dependence of p(d) on loop lengths l and l0 is
explicitly indicated.
For short loops, a model more realistic than the
Gaussian chain is the wormlike chain.20 Accurate values
for p(r;l) can be obtained from computer generations of
the wormlike chain.23 An approximate expression for the
distribution function of the wormlike chain is given by29

p(r;l) ) (3/4πlplc)3/2 exp(- 3r2/4lplc)[1 - w(r;l)]

(9a)

w(r;l) ) 5lp/4lc - 2r2/lc2 + 33r4/80lplc3 +
79lp2/160lc2 + 329r2lp/120lc3 - 6799r4/1600lc4 +
3441r6/2800lplc5 - 1089r8/12800lp2lc6 (9b)
where lc ) 3.8l Å is the contour length and lp is the
persistence length. Equation 9a deviates from a Gaussian
distribution by the presence of a “correction” term w(r;l).
The persistence length appropriate for short unstructured
peptides has been determined by fitting the distributions
of end-to-end distances of loops in protein structures to
the predictions of the wormlike chain, with the result lp
) 3.04 Å.20 With the approximate expression of eq 9, eq 8
becomes
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∆δGloop/kBT ) (3/2) ln l + 3d2/4lp(3.8l) ln[1 - w(d;l)] - A0 (10)
where A0 is the result of the first three terms at l ) l0. The
first term, (3/2) ln l, is the classical Jacobson-Stockmayer
expression28 obtained by using a Gaussian distribution and
setting d ) 0. Use of a more realistic polymer model and
explicit account of the finite distance spanned by the loop
should add to the accuracy of eq 8.
Equation 8 and the use of the wormlike chain model
have been tested against experimental results of Nagi and
Regan1 for the effect of loop length on the four-helixbundle dimeric protein Rop (Figure 1A).20 Nagi and Regan
replaced the native two-residue loop of each subunit by
two to 10 glycines. The end-to-end distance for this loop,
measured between the CR atoms of Asp30 and Asp32, is d
) 5.6 Å (calculated on the Protein Data Bank entry 1rop).
With the 10-glycine loop as reference (i.e., l0 ) 10), the
experimental and theoretical results for ∆δGloop are compared in Figure 3A. Note that since Rop is a dimeric
protein with two identical glycine-substituted loops, the
prediction of eq 8 is doubled in the comparison with
experiment. While the Jacobson-Stockmayer theory does
reasonably well in reproducing experimental data, improvement is made by eq 8 (except for the shortest loop
at l ) 2).
The loop model presented above assumes that the ends
of the loop are rigidly held by the protein structure but
the loop itself is flexible. For the glycine-substituted loops
in Rop, the choice of the two helix-terminal residues
packed against each other in the wild-type protein as the
ends of the loops seems obvious. The choice of the end
residues of a loop to be modeled as flexible may not
always be clear. Viguera and Serrano2 studied the effects
of the length of the linker connecting the N and C termini
in circular permutants of the R-spectrin SH3 domain. The
amino acid sequence of the linker and neighboring
residues is L61-D62-S-Gn-T4-G5-K6, where n ranges from
1 to 10. If we choose D62 and T4 as the ends of the loop,
which are separated by ∼10.0 Å (according to PDB entry
1g2b), then for n ) 2, 4, 6, and 10, the loop lengths are 4,
6, 8, and 12. With l ) 4 as reference, eq 8 predicts ∆δGloop
) 0.25, 0.39, and 0.62 kcal/mol for the other three loop
lengths. These can be compared with the experimental
results of 0.27 ( 0.05, 0.49 ( 0.05, and 0.76 ( 0.08 kcal/
mol. As observed by Viguera and Serrano, these results
are also consistent with the Jacobson-Stockmayer prediction, (3/2) ln l/l0, if four residues bordering the inserted
linkers are considered part of the flexible loop.
The Jacobson-Stockmayer theory predicts that loop
entropy decreases with loop length, whereas eq 8 predicts
that the end-to-end distance affects the dependence on
loop length. It is entropically unfavorable both for a long
loop to have close contact between the ends and for a
short loop to extend to a long distance between the ends.
For larger values of d, the loop length that minimizes
∆δGloop is no longer the minimal number of residues
required to span the end-to-end distance. For example,
at d ) 10 Å, the optimal loop length is four peptide bonds,

instead of the minimally required three. Most loops in
proteins are longer than the predicted optimal lengths;20
a decrease in ∆δGloop is thus generally expected upon loop
shortening. Shortening of loops has been suggested as a
mechanism for thermostability and indeed has been
observed in some thermophilic proteins in comparison
to mesophilic counterparts.5 In addition, in a combinatorial mutagenesis experiment on the SH3 domain, enrichment of shortened n-src loops was obtained by phagedisplay selection.30

Covalent Linkage
Imagine that the loop considered above is deleted, leading
to two separate subunits (Figure 2C). Then in the unfolded
state the two subunits are free to move relative to each
other, while in the folded state the displacement (r) from
the end of the first subunit to the beginning of the second
is distributed according to Pf(r) instead of eq 4. The effect
of covalently linking the two subunits is precisely given
by eq 7. If the folding equilibrium constants of the dimeric
protein and the single-chain variant are Kd and Ks,
respectively, then KsV/Kd ) exp(-βδGloop) ) Vp(d), where
β ) (kBT)-1. Thus the effective concentration, Ccl, for
covalent linkage is21

Ccl ≡ Ks/Kd ) p(d)

(11)

For a dimeric protein, the folded fraction increases with
protein concentration. The concentration dependence
disappears in the covalently linked single-chain variant.
The folded fraction of a homodimeric protein is less than
that of the single-chain variant when the total protein
concentration is less than Ccl (1 + Ks)/2 (in monomer
units). p(d) can be expressed in molar concentration by
dividing by Avogadro’s number. Specifically, results in
millimolar are obtained when a numerical factor 107/6.022
is applied to p(d) in units of angstroms-3.
Folding thermodynamics of single-chain variants of a
number of dimeric proteins have been studied,11-14 allowing for direct test of eq 11.21,22 One such single-chain
variant, of the gene V protein, is illustrated in Figure 1B.
As Table 1 shows, without adjustment of parameters, eq
11 is able to predict, to within a factor of 2, experimental
results for Ccl spanning 2 orders of magnitude. The
increase in the effective concentration of covalent linkage
can be rationalized by the decreases in the end-to-end
distance and the linker length. In contrast to the other
four cases in Table 1, the native protein of chymotrypsin
inhibitor 2 (CI2) is a single chain, but a dimeric version
was created by cleaving the active-site loop at Met40.31,32
Traditionally, covalent linkage has been introduced by
disulfide bonds. Disulfide bonds are relatively rigid and
typically buried in the folded state. Therefore the effect
of a disulfide bond will be more complex than merely
providing a restraint. The flexible linker model perhaps
could still give some indication on the magnitude of the
effect. Since the CR-CR distances of disulfide-bonded
residues are narrowly distributed, the resulting distribution function p(d) can reach much higher values than its
VOL. 37, NO. 2, 2004 / ACCOUNTS OF CHEMICAL RESEARCH 125
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FIGURE 3. Effects on the folding free energy by loop length (A), backbone cyclization (B), spatial confinement (C), and macromolecular
crowding (D). In panel A, circles and triangles show predictions of eq 8 and the Jacobson-Stockmayer theory, respectively; a diagonal line
is drawn to aid in the comparison with experiment. In panel B, squares (connected by dashed lines) and circles show predictions of eq 12
and experimental results, respectively. In panel C, the radius a of the folded protein is 17.3 Å at N ) 100 and 21.8 Å at N ) 200. In panel D,
the parameters used are y ) Rg/ac ) 1.95, z ) a/ac ) 1.12, and φ ) (5.4 × 10-4)c, where c is the crowder concentration in grams per liter.
Calculations are done for T ) 298 K. All energies are in units of kilocalories per mole.
Table 1. Effect of Covalent Linkage on Protein Folding Equilibrium
proteina

conditions

Kd (mM-1)

Ks

linkageb

dc (Å)

ld

Ks/Kd (mM)

p(d)e (mM)

Arc repressor12 (1myk)
Cro repressor13 (5cro)
CI231,32 (2ci2)
gene V protein11 (1gvp)
GCN4-p114 (2zta)

4.19 M urea, 298 K
326 K
298 K
2.6 M Gdn‚HCl, 298 K
4 M Gdn‚HCl, 283 K

1
0.19
2.44 × 104
102
0.353

2.44
1
3.74 × 105
1.51 × 104
85

A R50-B M7
A N61-C E2
V34-D45
A A86-B M1
A M2-B M2

29.9
24.9
20.7
12.4
6.3

25
15-23
11
7
9

2.44
5.3
15
151
241

3.99
6.0-8.1
12
74
129

a PDB entry of protein is given in parentheses. b End residues (e.g., R50 of subunit A and M7 of subunit B), c End-to-end distance.
Number of peptide bonds considered to be flexible. e Calculated according to eqs 11 and 9. No significant difference was found when p(d)
was obtained from computer generations of the wormlike chain.

d

counterparts for flexible peptide linkers.21 The potentially
large effective concentrations expected are in line with
some experimental data. In particular, Jana et al.13 also
studied a single-chain Cro repressor variant V55C in which
the two subunits are connected by the disulfide bond
between the two mutated residues. The effective concentration, estimated from the melting temperatures of the
dimeric repressor and the disulfide-bonded variant, was
as high as 14 M. Similarly, the effective concentration for
the disulfide-bonded variant D83C of Streptomyces subtilisin inhibitor (SSI) was 18 M.33 However, potential
conflict between the stereochemical requirement for
disulfide bonding and the packing environment makes the
effect of this type of cross-linking unpredictable.
The simple theory summarized by eq 11 helps resolve
a debate between Karplus and Janin34 and Privalov and
Tamura33,35 regarding the interpretation and theoretical
implications of the latter group’s experimental result on
126 ACCOUNTS OF CHEMICAL RESEARCH / VOL. 37, NO. 2, 2004

SSI. An entropy corresponding to the measured Ccl ) 18
M of effective concentration for covalently linking SSI is
-kB ln (Ccl/1 M) ) -6 cal/(mol‚K). The magnitude of this
entropy is much smaller than theoretical estimates for the
loss of translational/rotational entropy upon formation of
a protein-protein complex. Karplus and Janin attributed
this discrepancy to the fact that the SSI subunits are
unfolded when dissociated, while Privalov and Tamura
pointed to deficiency of theory. According to the simple
theory outlined here, Ccl primarily captures the effect of
the linker. The linker, while constraining the relative
translation of the subunits in the unbound state, has its
end-to-end vector restricted to a displacement d. Other
changes accompanying the complex formation, such as
folding of the subunits and gain in vibrational entropy,
are (or are assumed to be) unaffected by the covalent
linking. As a side issue, I personally do not view that the
often used 1 M “standard state” holds any physical
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significance and the entropy -kB ln (Ccl/1 M) based on
the use of this practice, in absolute (as opposed to relative)
terms as particularly meaningful. In any event, it is hoped
that eq 11 satisfies the desire of Privalov and Tamura35
for a theory “to take into account the contribution of the
long flexible linker into the measured entropic effect.”

concentration. If the original dimeric protein and the
catenated variant have folding equilibrium constants Kd
and Kc, respectively, the effective concentration for catenation is

Backbone Cyclization

Blankenship and Dawson19 designed a catenated variant
of a dimer mutant of the p53 tetramerization domain. In
p53catdim, the N and C termini (at Glu326 and Lys357,
respectively) are extended by four residues each and then
ligated. The effective concentration for catenation was
found to be 1.7 M.
Catenation introduces two effects: (a) backbone cyclization of the two chains and (b) interlocking of the two
unfolded chains, which restrains the relative motion of
the chains.24 The first effect results in a stabilization factor
qcycl for each subunit (eq 12). If the effect of interlocking
is described by an effective concentration Cil, then

The connection of the N and C termini of a protein by a
peptide linker results in a macrocycle (Figure 1C). The
peptide linker, modeled as a polymer chain, is now
restrained in both the folded and the unfolded states.
Equation 6a again defines the restraint in the folded state.
In the unfolded state, the original linear protein restrains
the linker because they must have the same end-to-end
vector. The restraint is just the distribution function of
the unfolded linear protein, which is modeled as a
Gaussian chain. Then Pu(r) ) pG(r;N),where N is the
number of peptide bonds in the linear protein. According
to eq 5, the effect of backbone cyclization on the folding
free energy is given by23

∫

3

qcycl ) exp(-βδGcycl) ) p(d)/ d r p(r)pG(r;N)

(12)

The effect of circularizing the 34-residue PIN1 WW
domain has been carefully studied recently by Deechongkit and Kelly.16 The N and C termini, at a distance of ∼10
Å, were connected by linkers with 1-7 residues (i.e., 2-8
peptide bonds). The experimental results for δGcycl can be
quantitatively reproduced by eq 12,23 as shown in Figure
3B. In particular, a maximal stabilization of 1.7 kcal/mol
by a linker with four peptide bonds is correctly predicted.
Greater stabilization might have been expected on the
basis of consideration of the entropy reduction of the
unfolded chain by the circularization. However, eq 12
makes it clear that both the folded and the unfolded state
suffer chain entropy losses. In the unfolded state, both
the original linear protein chain and the peptide linker
are restrained since they must share the same end-to-end
vector. This vector is still able to sample all possible values
but with a distribution that is more restrictive (eq 4). On
the other hand, in the folded state, only the peptide linker
is restrained, but this restraint is rigidsthe end-to-end
vector is restricted to the fixed displacement between the
N and C termini as determined by the folded structure of
the linear protein. Entropy losses of the folded and
unfolded states also differ in another respect, namely, with
respect to the change in chain length of the linear protein.
The loss is not affected by chain length in the folded state
but becomes more severe in the unfolded state as chain
length increases. Hence larger stabilization effects are
predicted for circularizing longer protein chains.

Catenation
When the chains of a dimeric protein cross each other,
backbone cyclization of the chains creates a catenane,
consisting of two interlocked rings (Figure 1D). The folding
equilibrium of a catenane is independent of protein

Ccat ≡ Kc/Kd

Ccat ≡ qcycl,Aqcycl,BCil

(13)

(14)

where A and B in the subscripts refer to the two subunits.
For p53catdim, eq 12 predicts qcycl,A ) qcycl,B ) 2.13. By
modeling each unfolded circular chain as a rigid ring, Cil
was estimated to be 0.12 M. Equation 14 then gives Ccat )
2.132 × 0.12 M ) 0.54 M, in reasonable agreement with
the experimental result of 1.8 M.
The capsid of bacteriophage HK97 consists of 60
hexameric and 12 pentameric rings.18 The rings are
covalently ligated by isopeptide bonds formed by lysine
and asparagine side chains and symmetry-related rings
are interlocked. Like p53catdim, ligation occurs after the
assembly of the subunits, and the interlocking provides
stabilization.

Spatial Confinement
Spatial confinement brings out a different entropy-based
approach to stabilization. Near a boundary of a confined
space, many conformations otherwise sampled by an
unfolded protein molecule will be disallowed because the
protein chain cannot cross the boundary (Figures 1E and
2D). For an unfolded protein modeled as a sufficiently
long Gaussian chain starting at x0, the probability density
for residue n to be at x satisfies the diffusion equation36

∂G(x,n|x0) b2 2
) ∇ G(x,n|x0)
∂n
6

(15)

where the residue number n plays the role of time and
the effective bond length b determines the diffusion
constant. The solution of eq 15 gives the Gaussian
distribution of eq 1 with r ) x - x0. Configurations of a
Gaussian chain are thus equivalent to random-walk
trajectories of a Brownian particle. The confined space is
absorbing for G(x, n|x0). The fraction of allowed configurations is

fu )

∫d3x d3x0 G(x,N|x0)/V

(16)
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where N is the total number of peptide bonds in the
protein chain and V is now the volume of the confined
space. The confined space also restricts the folded protein,
which by its finite size can only access a fraction, ff, of
the volume V. Confinement thus changes the folding free
energy by (eq 3)

δGconf ) -kBT(ln ff - ln fu)

(17)

Calculations for simple confined geometries have been
made to illustrate the significant effect of confinement on
the folding equilibrium.25 For a spherical cage with radius
R, the allowed fraction of unfolded chain configurations
∞
k-2 exp[-(πkRg/R)2], where Rg ) (N/
is fu ) (6/π2)∑k)0
6)1/2b is the radius of gyration of the unfolded chain. If
the folded protein is modeled as a sphere with radius a,
then the fraction of accessible volume is ff ) (1 - a/R)3.
Figure 3C shows that as the spherical cage shrinks down
to the size of the folded protein, stabilization of 15 kcal/
mol or more is predicted.
The model presented above is highly simplified and
only provides qualitative estimates on the effects of
confinement.37 Direct comparison with experiments is
therefore not warranted. Nonetheless, large stabilization
effects by confinement have been observed by Eggers and
Valentine,6 who encapsulated R-lactalbumin in the pores
of silica glass and found the melting temperature to rise
by 32 °C. The Anfinsen cage of chaperonins and compartments in cellular organelles may impart similar stabilization effects to proteins.

Macromolecular Crowding
The cytoplasm is crowded with proteins and other macromolecules. Macromolecular crowding may exert a stabilization effect similar to spatial confinement.8 The model
presented above for the entropy restriction of the unfolded
chain by confinement has been extended to treat crowding.26 Continuing the equivalence of a Gaussian chain and
a Brownian particle, the problem of entropy restriction
by crowding macromolecules can be mapped to the
problem of trapping, with the macromolecules serving as
traps. The fraction of allowed configurations, fu, is equivalent to the survival probability of the Brownian particle:

fu ) S(t)

(18)

where it is understood that time t is equivalent to chain
length N and the diffusion constant D of the Brownian
particle is equivalent to b2/6. At short times, the Smoluchowski theory gives38,39

-ln S(t) ) c

∫0t dτ k(τ) ) 4πDacct[1 + 2ac(πDt)-1/2]
(19a)

where ac is the radius of the crowding macromolecules,
assumed to be spherical, and c is their concentration.
Mapping into the crowding problem, we have

-ln fu ) 3φy2(1 + 2/π1/2y)
128 ACCOUNTS OF CHEMICAL RESEARCH / VOL. 37, NO. 2, 2004

(19b)

where φ ) 4πac3c/3 is the volume fraction of the crowders
and y ) Rg/ac is the radius of gyration of the unfolded
chain scaled by ac.
The crowders also restrict the folded protein because
their excluded-volume effects block many attempts of its
placement in the solution. The fraction of successful
placement can be obtained from the scaled particle
theory, giving40

-ln ff ) -ln (1 - φ) + (3z + 3z2 + z3)φ/(1 - φ) +
(9z2/2 + 3z3)[φ/(1 - φ)]2 + 3z3[φ/(1 - φ)]3 (20)
where z ) a/ac, the radius of the folded protein scaled by
ac. The effect of macromolecular crowding, calculated
from the difference of eqs 20 and 19b, on the folding free
energy, is shown in Figure 3D. Only a modest stabilization,
<0.5 kcal/mol, is seen. Given the simplicity of the model,
the numerical value of the predicted effect should not be
taken literally. However, the disparity in predicted effects
for confinement and crowding (see different scales of
Figure 3 panels C and D) seems unmistakable, especially
since they are obtained from essentially the same model.
Why are the predicted effects of confinement and
crowding so different? In confinement, the cage fully
encloses the unfolded chain. However, in crowding, there
are always interstitial voids that allow the unfolded chain
to escape (Figure 1F). At very high crowder concentrations,
these voids may become too small in serving as routes of
translocation for the compact folded protein. In this
situation, crowding is like confinement in a cage with
holes, which allow the unfolded chain to leak but cannot
let out the folded protein. The folded state may even
become disfavored, leading to the decrease of -δGcrowd
with crowder concentration in Figure 3D.
Experimentally, the effects of macromolecular crowding
on protein folding stability have indeed been found to be
modest in several studies.7,9,10 For example, Sasahara et
al.10 recently studied the thermal unfolding of hen lysozyme
in the presence of dextran, observing a mere 2.5 °C
increase in melting temperature even at 300 g/L dextran.
Given the qualitative predictions of the simple model, the
disparity between these modest effects for crowding and
the large effect observed for confinement by Eggers and
Valentine6 is perhaps not coincidental. Further understanding will come from detailed simulations on the
effects of confinement and crowding.37,41

Connections among the Entropy-Based
Stabilization Strategies
In the analyses of all the entropy-based stabilization
strategies, it has been important to consider constraints
imposed on both the folded and the unfolded states. For
the effects of loop length, covalent linkage, backbone
cyclization, and catenation, the folded state is treated in
the same way, namely, by restricting the end-to-end vector
of each loop or linker to a fixed displacement, leading to
the appearance of p(d) in eqs 8, 11, and 12. While p(d)
essentially accounts for the effects of loop length and
covalent linkage, backbone cyclization and catenation
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impose additional restraints on the unfolded state. A
catenated protein is affected both by the backbone
cyclization of its two subunits and by the restrained
relative motion of the subunits within the interlocked
topology. The second effect was estimated on the basis
of rigid rings. A more realistic treatment would allow the
chains to sample different configurations. Some of these
configurations would violate the topological constraint
and should be eliminated. In this sense the topological
constraint serves a role similar to that of the boundary of
a confined space or a crowding macromolecule.
The lengths of linkers used to create single-chain,
circularized, and catenated variants, like loop length, can
be optimized for maximal stabilization effects. The optimal
linker length was indeed observed in the circularized PIN1
WW domain. Both covalent linkage and catenation change
the folding process from bimolecular to unimolecular.
However, the approaches are different. In covalent linkage,
the linker restrains the relative motion of the two subunits,
whereas in catenation the interlocking restrains the relative motion of the two subunits. The latter approach
appears to be more restrictive to the unfolded state,
leading to a higher effective concentration. Spatial confinement also owes its extraordinary stabilization effect
to its ability to severely restrict the unfolded state.

Concluding Remarks
A protein molecule exists in either a compact folded state
or a variable and open state, which is favored by chain
entropy. Thus an attractive mechanism for increasing the
folding stability is restricting the entropy of the unfolded
state. The various entropy-based stabilization strategies
have now been analyzed by use of polymer theory-based
models. Tests of these theoretical models demonstrated
their success but also exposed their limitations. In particular, unequivocal applications of these models require
information on the conformations of residues making up
loops and linkers. Some aspects of the models are clearly
too simplistic. The entropy-based stabilization strategies
all have wide applicability. The theoretical models can
provide guidance for their further exploitation, which in
turn will motivate further improvements of the models.
In the literature the term “topology” has generally
referred to the arrangement of secondary structures in a
protein. This misuse did not pose much problem because
as a norm proteins are linear chains. However, now
circular proteins and catenated proteins have presented
important exceptions to this norm. It may be sensible to
refer to the arrangement of secondary structures in a
protein as its architecture and reserve the term “topology”
for its proper use. In addition to rings and catenanes, other
topological varieties (formed by backbone-backbone,
backbone-side chain, and side chain-side chain ligations) are being discovered. The theoretical models developed so far may serve as a guide for considering the
entropic consequences of these topological links.
I thank anonymous reviewers for several valuable comments.
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